Modeling is increasingly widely used to optimization, improvement and cost reduction efforts of the fuel cell technology. Although there are many computational models in literature that describe the behavior of Polymer Electrolyte Membrane (PEM) fuel cell, there is a only few models that simulates the catalyst surface concentration of reactant gases at the catalyst-membrane layer inteface. A modeling of a PEM fuel cell is presented to determine both the bulk reactant concentrations and the catalyst surface concentrations at the catalyst layer-membrane layer interface. The results suggest that the reactant deficiencies experienced at high current densities are localized to the catalyst surface. However, the bulk concentration of reactant is not zero, and, in most cases, the bulk concentration of the reactant gases is significantly greater than zero. In actuality, it is the catalyst surface, which is being depleted of reactant, and, at the limiting current density, the surface concentrations of reactant gases are zero. This treatment develops explicitly link between the fuel cell overpotentials and the movement of reactants.
Introduction
Modeling has to play increasingly bigger role in optimizing performance, improving efficiency and reducing cost of fuel cells as we go forward towards the more sustainable and renewable energy economics of future. Hydrogen energy economics not only provide the benign sustainable and renewable way of energy production and uses for foreseeable future, but also resolve the global warming and climate change, energy dependence and depletion of fossil fuel concerns for ever. Of course, hydrogen is an energy carrier which has to be produced and used in renewable and sustainable way to inherit all the benefits it can provide. Fuel cell technology is a major component of the hydrogen energy economics, that will convert energy of hydrogen bond to electricity at almost double of the efficiency of the current internal combustion engines. Polymer electrolyte membrane (PEM) fuel cells are considered as a prime motive power alternative for vehicular application that will replaced the IC engine dominance in this sector today.
A PEM fuel cells is a device that convert hydrogen gas (H 2 ) and oxygen gas (O 2 ) into electrical energy releasing water and heat as the by-product of the electrochemical process in the presence of catalyst as: 
. (1)
A PEM fuel cell is divided into an anode and a cathode, which are separated by a polymer membrane as shown schematically in Figure 1 . 
... (3)
Fundamentally, a fuel cell is a device used to convert the energy stored within the covalent bonds of hydrogen gas molecules into electrical energy [1] . The only by-products of this electrochemical process are water and heat.
The most of the models implicitly assumed that the hydrogen and oxygen concentrations at the catalyst layer-membrane interfaces were zero; however, our data show that, although the concentrations of the reactant gases are reduced compared to the gas channel conditions, the hydrogen concentration and the oxygen concentration at the catalyst layer-membrane interfaces at both the anode and the cathode are not zero.
The objective of this study was to develop a functioning one-dimensional (1-D) computational model of a PEM fuel cell, which could be used to calculate both bulk and catalyst surface concentrations of the reactant gases.
Anode Computational Model
The anode is divided into three sections: the gas channel, the gas diffusion layer, and the catalyst layer. Hydrogen gas is supplied to the anode via the anode gas channel. Hydrogen gas diffuses from the gas channel through the gas diffusion layer to the catalyst layer. As the hydrogen gas reaches the catalyst, the hydrogen gas ionizes in the presence of the platinum electrode releasing electrons (e -) and hydrogen ions (H + ). Given that this treatment is one dimensional the gas channel is not modeled, and the reactant gases are assumed to be ideal gases.
The Navier-Stokes equations were used to model. The velocity given in the continuity equation for gas diffusion layer and catalyst layer is the filtration velocity (u). The filtration velocity is calculated based on the current density requirement. For a given pressure, the filtration velocity varies linearly with the current density. Because the gas is assumed to be an ideal gas, the ideal gas law is used to calculate the filtration velocity at different pressures.
The Darcy equation is used to calculate the differential pressure (ΔP) across the gas diffusion layer and catalyst layer for a give current density [2, 3] as follows:
The permeability (K) of the gas diffusion layer is 1.12 x 10 -14 m 2 [4, 5] .
The two primary chemical species present within the anode are hydrogen gas and water vapor. The hydrogen species equation is given by the following [6] :
S H 2 is a consumption term, which only appears in the species equation for the catalyst layer.
Hydrogen is being consumed within the catalyst layer according to:
The water species equation is given by the following [6] :
The effective diffusivity of species i (D e,i ), used in the aforementioned species equations, is a function of the binary diffusion coefficient (D AB ), the porosity (ε), the tortuosity (τ), and the constriction factor (σ) [7] . The constriction factor (σ), the tortuosity (T), and the porosity (ε) were held constant for all simulations: σ = 0.8, T = 3.0, and ε = 0.40 [7] .
Because each of the aforementioned equations of motion must be solved simultaneously, the following vector equation is used to solve the computational domain [8] .
The vector U for the anode is given by the following:
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The vector E for the anode is given by the following:
Because no reaction takes place within the gas diffusion layer, the vector H is given by the zero vector in the gas diffusion layer for both the anode and the cathode computational models:
However, in the anode catalyst layer, the vector H is non-zero. Because of the reaction that takes place within the catalyst layer, the vector H is given by the following, which includes the hydrogen gas consumption term:
The negative sign in the aforementioned equation denotes the consumption of hydrogen gas.
A material balance is made over the anode catalyst layer. The material balance is a sum of the system inputs and generation terms minus the system outputs and consumption terms. At steady state, there are no reactions within the gas diffusion layer; therefore, both the generation term and the consumption terms are identically zero.
The input term is the flux of hydrogen at the gas diffusion layer-catalyst layer (DC) interface:
D e, DC is the effective diffusivity. The output term is the flux of hydrogen at the catalyst layermembrane layer (CM) interface as:
The consumption term is the reaction term (Equation 16 ). 
. (16)
The variable i is the current density, and F is Faraday's constant.
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The flux of hydrogen into the catalyst layer is equal to the flux of hydrogen gas out of the catalyst layer plus all of the hydrogen consumed within the catalyst layer. Because the diffusivity of hydrogen gas within the gas diffusion layer and the diffusivity of hydrogen gas within the catalyst layer are six orders of magnitude greater than the diffusivity of hydrogen within the polymer membrane, the output (Equation 15) can be neglected. Moreover, since the convective term in the input term ( Equation 14) is larger than the diffusive term, the diffusive term is negligible. Therefore,
Specifically, very little hydrogen gas diffuses across the polymer membrane. The diffusivity of hydrogen within the gas diffusion layer and catalyst layer is approximately 1.1028x10-4 m2/s [4] ; however, the diffusivity within the membrane is approximately 2.59x10-10 m2/s [4] .
Cathode Computational Model
The cathode is also divided into three sections: the gas channel, the gas diffusion layer, and the catalyst layer. There are three chemical species present in the cathode gas diffusion layer: oxygen gas, nitrogen gas, and water. Oxygen gas (O 2 ) is supplied to the gas diffusion layer from the gas channel. Nitrogen is present if oxygen is supplied via ambient air. Unlike nitrogen and oxygen, water (H 2 O) is present in two phases. However, this model assumes that water exists only in a supersaturated vapor phase [5, 10] . Since this model is isothermal, little is lost by making this assumption.
The dynamics of the cathode gas diffusion layer is described using the transport equations. There are three species present within the cathode: oxygen gas, nitrogen gas, and water vapor. However, this treatment assumes that the effect of nitrogen on the system can be neglected; therefore, there are only two cathode species equations [6] : For oxygen as:
Because oxygen is being consumed within the catalyst layer, a consumption source term (S O 2 ) is added to the oxygen species equation as:
The cathode water species equation is given by the following [6] :
. (20)
A generation source term (S H 2 O ) is added to the water species equation as:
Water is being generated within the catalyst layer. There are no reactions within the gas channel or the gas diffusion layer. Therefore, in these regions S H 2 O is zero.
The explicit MacCormack scheme is used to solve each of the differential equations. The explicit MacCormack scheme was selected because of the ease of computation relative to implicit schemes, and the MacCormack scheme is a second order accurate explicit scheme [8, 9] . The method is second order accurate in both space and time [8] .
Fuel Cell Irreversibilities
Although it is extremely important to understand the physics of fuel cell systems, it is equally important to understand the electrolytic processes, which are the backbone of the PEM fuel cell. As previously stated, hydrogen gas (H 2 ) and oxygen gas (O 2 ) react in the presence of a platinum electrode to generate electrical energy (Equation 1).
Because of irreversibilities, the actual voltage of a PEM fuel cell is much less than the open circuit voltage (E o ). Fuel cell systems, like all real systems, experience losses. There are four major losses associated with fuel cell systems: activation losses (V act ), ohmic losses (V ohm ), concentration losses (V conc ), and parasitic losses (V P ) [11] . Hence, the cell voltage can be estimated as:
. (22)
The Tafel equation (Equation 23) was used to estimate the activation losses associated with the PEM fuel cell.
Where a is a expirical parameter, i is the current density, and i o is the exchange current density. The exchange current density (i o ) is the current density which flows with equal magnitude in both directions at equilibrium [11] . A typical value for the exchange rate current density is 0.67 A/m 2 , and a typical value for the empirical constant a is 0.06 V. [12, 13] A fuel cell is the voltage source of an electrical circuit, and, like other voltage sources, fuel cells have internal resistances which serve to reduce the overall voltage of the fuel cell. The ohmic losses that are common to fuel cells also follow Ohm's Law accordingly:
The fuel cell's resistance (R Ohm ) is function of the membrane thickness (t m ) and the membrane water content (σ m ) and can be represented as: The saturation (λ m ) is 14 at 100% saturation, and saturation (λ m ) is zero at 0% saturation [16] . As the equation suggests, the greater the saturation, the lower the polymer membrane resistance.
Concentration losses (V conc ) occur because of difference in concentration between the concentration in the bulk or interstitial space surrounding the catalyst active site and the concentration of reactant at the electrode surface [15] . The reactions are surface catalyzed reaction and reactant reacts on the surface of the catalyst. There are losses associated with this surface level reaction. To account for these losses, the following mathematical model was suggested to model the concentration losses [16] .
The parameter "i max " is the current density that causes precipitous voltage drop [16] . For pressure less than 2 bar, the coefficient C 2 is given by the following expression [16] .
. (29)
Where: The saturation pressure of water is in units of Pascals and the temperature is Kelvin.
Parasitic loss (V p ) refers to the loss of voltage potential due to unwanted reactions. The most common parasitic loss is due to fuel crossover [17] . The flux of hydrogen gas associated with hydrogen migration across the polymer membrane is calculated using the Fick's Law as: 
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The current density deficit (i def ) is twice the hydrogen flux, because two electrons are liberated with hydrogen gas dissociates in the presence of the catalyst. Using the current density deficit and the reference exchange current density, the parasitic loss is calculated [14] as:
.. (34)
The exchange current density (i o ) is a function of the pressure [14] and could be presented as:
Results and Discussion
One dimensional (1-D) models were constructed which calculated the concentration of reactant at different gas channel pressures. Both the anode and cathode were modeled. The dimensions of the modeled fuel cell are presented in Table 1 . As mentioned earlier, one of the prevailing hypotheses is that the hydrogen and oxygen concentrations at the catalyst layer-membrane layer interfaces are zero. However, the data in these figures show that the bulk concentration of reactant at the catalyst layer-membrane layer interface is not zero. The aforementioned assumption ignores the fact that the reaction in PEM fuel cells occurs at the surface of the catalyst, and not in the bulk.
The results suggest that the reactant deficit experienced at high current densities is localized to the catalyst surface. Barbir (2005) furthers to the catalyst surface as the active site [14] . The active site is where the reaction actually occurs. When the current density reaches the limiting current density, the active site is being starved of reactant. Specifically, reactant is supplied at the same rate at which the reactant is consumed. There is a mass transfer resistance, which is established around the active site, and, as the current density increase, the rate of mass transfer to the active site is insufficient to maintain the forward reaction. This attempts to explain that localized starvation of the active sites is the cause of the sudden drop in the voltage at the limiting current density. More specifically, a resistance is established around the active site and the time constant required for the migration of reactant to the active site is much less than the time constant associated with the reaction at the active site at higher current densities. Forment & Bischoff (1990) and Fogler (1992) discuss the phenomenon of surface catalysis. The consumption of reactants (hydrogen or oxygen) at the catalyst active site interface, i.e. on the surface of the catalyst, has to be compensated for by transport from the bulk fluid [7, 18] .
Prior to reaching the limiting current density, the reactant gases are supplied at rate greater than the reaction rate at the catalyst surface. However, when the current density reaches, the limiting current density, the process is limited by the kinetics of the reaction. Specifically, there are insufficient active sites for the current density to increase; therefore, at this point of saturation, the current density is limited. Prior to reaching the limiting current density, the mass transfer step is much faster than the surface reaction; thus, the reactant concentration (C A i ) at the surface is the same as the concentration (C A ) measured in the bulk in the catalyst layer. However, when the current density exceeds the limiting current density, the rate of mass transfer through the mass transfer layer surrounding the active site is much slower than the rate of reaction. The following equation is used to describe the flux of reactant (N A ) across the mass transfer layer within the catalyst layer.
. (36)
At the limiting current density, the rate of mass transfer equals the rate of reaction. Therefore, the reactant gases cannot be supplied fast enough to allow the reaction to proceed at or above the limiting current density [18] . Hence, increasing catalyst dispersion and catalyst surface within the catalyst layer should increase the limiting current density.
Although the concentration is not zero at the membrane-catalyst layer interface, the current density is not allowed to increase without bound. One reason for the limitation on the current density is the balance between reaction kinetics and mass transport. The dissociation of hydrogen gas into hydrogen ions and two electrons only occurs at specific active sites at the surface of the catalyst. Although the anode and cathode are typically depicted with defined layers, the reality is that both are a web of small channels, similar to capillaries. The gas channel is integrated within the gas diffusion layer, and the gas diffusion layer directs the reactant gases toward active sites in the catalyst layer. These active sites are special. In order for the forward reaction to occur, the reactant gas must be in contact with the platinum catalyst and the platinum catalyst must be in contact with the membrane [14] . It is this triple point, which is essential. When the active sites are saturated, the current density cannot increase. At the limiting current density, neither the bulk oxygen concentration nor the bulk hydrogen concentration is zero at the catalyst layer-membrane interface. The polarization curve for the 1-D PEM fuel cell case calculated using the model is presented below in Figure 6 for various pressures within the anode and cathode gas channels as a typical example.
As mentioned earlier, prior to reaching the limiting current density, the mass transfer step is much faster than the surface reaction. As long as the current density is lower than the limiting current density, the surface concentration will be something greater than zero. This treatment attempts to predict the concentration at the surface of the catalyst by using the bulk concentration and the boundary conditions.
At lower current densities, the surface concentration will be very close to the bulk concentration of reactant; however, when the current density exceeds the limiting current density, the rate of mass transfer through the mass transfer diffusion layer surrounding the active site is much slower than the rate of reaction. For this reason at the limiting current density, the reaction is prevented from exceeding the limiting current density. The following equation is used to describe the flux of reactant (N A ) across the mass transfer diffusion layer.
. (37)
The flux (N H 2 ) of reactant across the mass diffusion layer is proportional to the concentration difference between the bulk concentration (C H 2 ,Bulk ) and the catalyst surface concentration (C H 2 ,Surface ). The mass transfer coefficient (k g ) is the "constant" of proportionality.
.. (38)
In heterogeneous catalysis, the reaction does not occur within the bulk; rather the reaction occurs at the surface of the catalyst, so it is the catalyst surface concentration that is important, not the bulk concentration. By equating Equations 38 and 39, the kg can be expressed as:
. (39)
This model assumes that at the limiting current density (i L ) that the concentration of reactant at the catalyst surface is zero. Secondly, the catalyst surface concentration at i = 0 A/cm 2 is assumed to be the bulk concentration. Using the value for the mass transfer coefficient calculated for the limiting current density case, the other surface concentrations were calculated and illustrated in Figures 7 and 8 for two different pressure values as examples. The mass transfer coefficients for each of the aforementioned pressure scenarios were plotted for both the anode and the cathode in Figure 9 and 10 respectively. Although prior fuel cell models indirectly discuss the impact of concentration on activation losses and concentration losses, this treatment links explicitly the fuel cell overpotentials and the movement of reactants within the PEM fuel cell system. This treatment relates between the bulk concentration and the surface concentration, which is key to calculating the activation overpotential and the concentration overpotential.
The results from the 1-D model also were compared to the data from [19] of the Imperial College of London and presented in Figure 11 . The data show that both models predict reactant concentration at the catalyst layer-membrane layer interface. In addition, the change in concentration for the two models is approximately the same order of magnitude. 
Conclusion
Polymer Electrolyte Membrane (PEM) fuel cell systems are heterogeneous catalytic systems. The model described was used to simulate the catalyst surface concentration of reactant gases at the catalyst layer-membrane layer inteface and the data showed that the bulk concentration of reactant at the catalyst layer-membrane interface is not zero at the limiting current density as expected though the surface concentration of reactant that goes to zero at the limiting current density. 
